INTRODUCTION
We study the boundary value problem -Au(x) = A@),
x E Q2; ( In fact, the results of [2] and [3] show that for any smooth bounded region the equations (1.6) r Letting F(t) = ji f(s) ds, we see that E(r) = (~'(r))~/2 + F(u(f))) satisfies E'(r) = -f (u'(t))2 I 0.
(1.7)
Since E(1) 2 0 we have that either E(0) = F(u(0)) > 0 or v is a constant function. Since no constant function satisfies (1.6) we conclude that (1.4) is also a necessary condition for (1 .l)-(1.2) to have a solution. Since Theorem 1.1 was proven in [4] when lim, + m f '(0) = 0 we restrict ourselves in this paper to the case where f has a second positive zero. That is, we assume f to be like in In this case it is shown that solutions to (1 . l)-(1.2) satisfy /u'(r)/ = O(A) for r close to 1, which is not valid when lim, +,, f'(u) < 0. In the latter case 1 u'(r)] I O(A"') for all r E [O, I].
Equations such as (1 . l)-(1.2) arise, for example, in population models in the presence of "harvesting".
A PRIORI ESTIMATES
The arguments of this, and the next, section hold under assumptions weaker than concavity. For the sake of simplicity we assume that f' > 0 on [0, r) and f' < 0 on (7, a].
(2.1)
Let (A, U) be a positive solution to (1 .l)-( 1.2). Since u is radial we have
We now prove the following. where we have used (2.14) to estimate 1 -r, and that r 1 r, for u(r) I r.
UNIQUENESS OF POSITIVE SOLUTIONS FOR L LARGE
By the maximum principle, and because f(a) = 0, we see that if (1 .l)-(1.2) has a positive solution than it has a maximal positive solution. Thus if we assume that (l.l)-(1.2) has two positive solutions u and D, without loss of generality, we can assume that V(X) > u(x) for all x E CL We let z = u -u, and sl, s,, s3 E (0, 1) such that u(sr) = rl, Since (3.7) implies that z = 0 on [s2, 11, by uniqueness of solutions to initial value problems we see that u = u, which concludes the proof. ??
Here we use extensively the developments of [4] . 
